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• Algebraic structure of moduli spaces (Veech, Apisa - Bainbridge - Wang)

• Affine symmetry groups (Duryev - Fougeron - Ghazouani)

Topics studied related to Dilation Surfaces:

Related ideas:

• Twisted measured laminations (McMullen, for studying fibered 
   3-manifolds)

• Infinite translation surfaces (Hooper - Hubert - Weiss)

• Affine interval exchange maps (Camelier - Gutierrez, Cobo, Cobo - 
   Gutiérrez-Romo - Maass, Marmi - Moussa - Yoccoz, ... )

• Affine realization of mapping classes (Wang)

• Existence of closed leaves (Boulanger - Ghazouani - Tahar)

• Dynamics of directional foliations (Liousse, Bowman - Sanderson, 
   Boulanger - Fougeron - Ghazouani)



Goal of this talk:
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Example



Tori

Pic from youtube video "Homer Simpson Donuts recipe" 
https://www.youtube.com/watch?v=MqXPADrPc94
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Paco Rabanne, Combinaison, Collection haute couture, Spring 1997, as seen in Marseille
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Surfaces of genus 2 and higher

Responses to the prompt
"Create for me a 
photorealistic 
image of a genus two 
surface, covered with 
pink frosting and 
sprinkles" by Microsoft's
image generator.
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Singular foliations



Metric geodesics in translation surfaces



Trails in dilation surfaces



Trail Representatives



Stellated foliation/zebra structures�
Fm : m ∈ R̂ = R ∪ {∞}

	

{Fm}

Let S be an oriented topological surface and let
be a collection of singular foliations indexed by slope.

Πk

m ∈ R̂

We say that               is a zebra structure if:

Fm Πk

For each point p in S, there is an open neighborhood N containing p
and a homeomorphism from N to a model space         such that
for all               ,  the homeomorphism induces a bijection between 
the prongs of          at p and the rays of slope m in       .

Π0 Π2 Π4 Π6
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