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Objects associated to translation surfaces
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Metric geodesics in translation surfaces
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Dilation surfaces
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Dilation surface singularities Model:
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Objects associated to dilation surfaces
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Singular foliations
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Translation Surfaces versus Dilation Surfaces
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Translation Surfaces versus Dilation SuriL’aces
Wﬂms,ﬁﬁon Sbr[&ces )/MYC" Dil&x*)’iol/\ sh\/‘CACé.S )AﬁV&S Sake

Sur 'Céces L&Ve-'

@A V“‘6+(I'C,, @NO natuen| meteic. @ Same
®

@ Le)aegjue, mesisuire. . @[\/0 itirel Rore| messeve. jssues.

® GLOVIR> action on @ SL(2, R) acts. ® @d*e";
H«e SFH& 0{: N2 -Cﬁces. Hovneo(ﬂOads

@ A notion of diection @ Yoo ! @ Yes, same.

of sla}x, Meﬁz‘: ’RUE*‘”}-
@ /Vleaswe& —po li&ﬁ”i‘ons @ S}nju’m *Q/ioﬁ)ws @ Same.
of &l 5[0))65 mstead.

@ SWMJL\‘IL )Ma -C/ow In @ No —C/owj- umPamme\[ﬁZeJ@ Same

evesy i ection ,e,wes_

7, N Moin topic /N 0
@Mdu‘c 3604&&5 @ /};A'ls < o0 -FALC\@Z:IS Lere




Topics studied related to Dilation Surfaces:

* Algebraic structure of moduli spaces (Veech, Apisa - Bainbridge - Wang)

« Affine symmetry groups (Duryev - Fougeron - Ghazouani)

« Affine realization of mapping classes (Wang)

» Dynamics of directional foliations (Liousse, Bowman - Sanderson,
Boulanger - Fougeron - Ghazouani)

* Existence of closed leaves (Boulanger - Ghazouani - Tahar)

Related ideas:

« Affine interval exchange maps (Camelier - Gutierrez, Cobo, Cobo -
Gutiérrez-Romo - Maass, Marmi - Moussa - Yoccoz, ... )

« Twisted measured laminations (McMullen, for studying fibered
3-manifolds)

* Infinite translation surfaces (Hooper - Hubert - Weiss)
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Trails in dilation surfaces
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Trail Representatives

/\ 1’101”10"‘0{)2, closs of-

closed Cuvves
feF(esem'feX 192, 78
b{n[iue "'fﬁ[}. —

A/A—\ Oﬂ;lmtioyz Cy/iﬂﬂe./

fe[?fesen‘f/” O
LH?MO%‘J)?? (,/&tss 0‘(
dob&ﬂ Chryes,



The Hopf torus as a counterexample
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Stellated foliation/zebra structures

Let S be an oriented topological surface and let {F,, : m € R=RU {oo}}
be a collection of singular foliations indexed by slope.

We say that {—Fm} is a zebra structure if:

For each point pin S, there is an open neighborhood N containing p
and a homeomorphism from N to a model space II;. such that

for all 1, € R, the homeomorphism induces a bijection between
the prongs of F . atp and the rays of slope min IT,.
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Examples of zebra structures
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Examples of zebra structures
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Extremely abrieviated proof of Theorem 1
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Extremely abrieviated proof of Theorem 1
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